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Abstract

The properties of maximal subgroups are closely related to the structure of groups. Focusing on an
unsolved problem of a trace, the influence of the supersolvable property of the trace of a max-
imal subgroup on the solvable group is considered, and a necessity and sufficiency for the solva-
ble group is obtained, which makes a positive attempt to promote the solution of the above
problem.
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1. 51§
AR EEAIREE, AHCREMFFS SR [2]. R, BEOMICH |G, |G| MAERR T 1
LN (G) MR G MEKTRHILAM <G, F={M<-GIM 2P}, XH P G4 Sylow p-
THE FRF BT B (), &M >P, W ME) G- p-mEH.

SylowF#f . BRKTFHF5 BES5 M HIAH G IR EESZ 1) [ Y AMFIR 538 1)) 2 Q3 . i, 19374, Hall [3]
WEMH T : GAE TR R HAY 244 Sylow T-BERT b . 19544F, Huppert [413ERH T G/ T i 24 HA 44
AR T REEAA BHIEE. 19824E, AradfWard [S]IERH T GF& o] il #E 24 HAY 2454 Sylow2-1 FEAN
Sylow3-FHE AT #h o 19964F, FHENS[6]3E/R T FHE M- IERMER SRS MMEER . 20194, & HR%[7]
7R T Sylows-FHE A Sylow7-FFF I 55 M- AT F M U BE AR 2 #e 3 R 7RI FEMA . 20204F, 6l 22 A 56 (8175
& T HER TR 59 M- T AMAE O B B AR RS 3 R F I . 202148, T IRAE[9IF A T e- MoK T RN
FIZNE T AR 20144F, FROSCWAE[101/3 8] T G2 T FRI24 BACS RS OR T 31 A 3 2 10 (Bl I
FUIIE) . [EIET, AT ) R

([10], [9]73.6) # GRIEFARK FHEG H TR, W GR TR ?

AREELL BRI TT, KB R RE RO R (R 8 e T DA 7 rp RSO TR R MR (), 193
TRT AR — A8 0 b EE %A
2. BAHR

EXL[10]® A<G, A, RATEGTHIMG, HJA, RGHEE FEHF. W RANG-14 57 F T (BUE
W), WATE ANH ] A, NAW— G- (S FRRIE) .

FIE 1[4 G EMCR TROE TR, T G 2T AR
512 [12]% PR G II—A Sylow p-FH#F, p=5 R N, (P)/Cy (P) A p-HE, B4 07(G)<G -

3. FEFHE

B G2 RN FEE LM GIURE IR TREA — AN AT I L F RN JTR B R (%)

UEM: AEEME. RO RRE AR TR SN, B LGOI TR R A S i . AU,
B THER L : A DRI H F R T ER 2R ().

T BRE BN HGRN RBI

1) G AR,

B GRE— AR, dEim, K TRMAME —NG-IAR KT G/1=G/M,, - RIEEBI BRI,
MNG/Mg=MNG=M ZEAFIT. Kk, GREMRR TR, RIETIEL, GRWHEN,
X5 GRS JE -

2) G/LiEWIfRM, LZIETfii, G RN IER 7] L ME—.

HI(1), WIBRERHEG/L, WTGRAEE MUNEMTHL. 4 M/L 2 G/L MR THE, WM
WRGHIMARTHE & H/M; » HOM/Mg 53 5RME) A G2 5N TR 8 H/L/(M/L),, = HIM,
M(HNM)/L/(M/L),, =HOM/M . BTeH/L/(M/L), & M/L—A G/L-AFAT,

G/L

G/L G/L
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(HNM)/L(M/L),, & M[L{§— WRIBBKAE (HOM)/L/(M/L),, AT

W P/L & G/L 11— Sylow p-FH#f. #T/L>P/L, WT>P, PRGH—"Sylow p-TH#f. R
A, T/L 7f@p—%iﬁiﬁ’\JizT(HﬂT)/L/(T/L)G/L o Rk, G/L e BRI 5AT . HGIIEFEAN G/L =2 T fif 1.
WY TR AR, LLD(G), LIERE, LRGHIME—M/NEMTH.

3) WmJaAE-.

H(2), |7r(L) >3, g n(L)WEKE, L RLIK—"Sylow ¢-TH, QRGHI— Sylow ¢-TF#,
MEGH) — MK TR 2 0 < NG(Lq)SM o A4 Frattini it W7, G=LNG(Lq)=LM o WA, M, =1,
LOAM <M, LOM aM . R FA, M LOM 2T (Y), B - E1 . B35 82, 07(L)<L,
K.

g5 bRTR, seEE 1 AHE.

4. EIEHEL

R 1 G RN ERAM G MR T NS H F 8N MR,
W 2 G RWIIN R E XM G MR THA —NEATRKEH F SN TCRA DN,
R 3 G RAIRI R ERM G MR THA — D REIL.

W 4 G AR ERT G KA e-RKTHA — D RENL.
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AL FEEHE TR T A — AR AL H F A TR S LB ()X AT R i, 453
T AR BB, WNHEBESTER[10] 7 18 3.6 MRt 7 R 1 24K
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