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Abstract: In this paper, we propose new definition of an 4-completion for a maximal subgroup M of a group
G, that is a f-completion C such that either C = G or there exist a subgroup D of G which is not a
6-completion for M and C < D holds. This method can weaken the imposed maximality on #-completion.
Moreover, we studied the solvability and of finite groups by means of #-completion and obtained some im-
portant properties, which are very useful to research deeply finite groups.
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FRTEELHE. MBTESW={(C|C<G, H
CM =G} A%, W Tl E C, M Cel(M) R
WR5E4, MR 120 WRUEY Cew HECH
WK 6-5¢#%, HC/M, /&G H—AEHT, Wifi CH
—Ah-585%, H C/M  NAEHAEE, BIEAE—A h-58 %,
13 C/M,; 2RmER, HIL Sylow 2- 7RI ER
<2,

ot MM RBIE . G RAER HEE, WIR
EEHIM, M <G, HGAEHMZEM HK—h-58%,
MMEGHE, WM, =1, MGHEZE, FfEEH
BROL. 47 G ARARACH BT, FATE el R 71
M GFE—h-554% A", f[B18H A /M, REZK, B
H Sylow 2-FHREMREEHR<2 . BINAC/M,; “RHEE
7, HI Sylow 2-THMRmER<2, HXHIIH 4
A EIAEE—N D, DSGAM—"MRKIEM 0-7%5%
A =AM ; (X5 A M WITE D RN ERAN 15
H A /M, <DM,[M,,C/M,<DM,/M, . 5
8 DM, /Mg "I, X T G/M, BN/ ERTHE
AM /M £ DM [M ™ 8AM [ M ; AR
B A" M, BTN, I Sylow 2-TRENRES,<2 .

M Mg #1LE, WN RGN IERNF# A
N<M , WHBIHE 3 % 4/Nehl(M/N) . X
M|N <-G/N , Hudiam@ BB 51 G/N W fig, N Hn]
fitt, TRGAFE. FJE, MR UM, =18, N
AN J2& G ME— AN ERF R I G = MN , T2
G/N flf#. & H /& GI— A&7, Has 4,
B A <H. filHT 4 & o1(M) F it kot HFH:
N < H (Y5517 8 19 H vl fiRif), T2 N wf#, Bl G
. FIE, EHRKIL.

B9 B G AR HAC SN TS G A
Sylow 2-THEMIERAL TR FHEM . H M f7E—
Mh-E&C, R C/M, RREMN, HEG=CM .

B REME: BN GRIfE, H9IE 7 RIGME
B8 &ZHpE. mb THEGW={C|IC<G, H
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CM =G} HE%, fEwW /NG C, W Cel(M) A
WK%, TRl g HGEY C e w 815 C AR
0-58%, H.C/M; & G M—AFEHF, Wifi ¢ —"
h-564, B C/M; NACHEE, WL —A h-84%, 1§
FC/M, ZRFER, HCM =G .

st WG RN R KN G AT
iy, WAEE—NGRIEMTFH N, 15 G6/NEH
ERRX R S Q-G d. HT S RRIEM,
H 512 10 AT G/N A ME— N ERLF#E A/N . H
HRAWE, HEMEERS p, EHEAEIETILN
1B p-THE, BDA/N RHE.

AR 2 & A/N W — N EREFE T B A/N =&
P/N [J—> Sylow 2-T#, W P/N {E 4/N F72dF1E
%, H i Frattini W -

G/N =Ngy(P/N)-A/N =M/N-A/N
(XH M/N % G/N FEE Ny (P/N) MK T
)

# S & G H1— Sylow 2-T-#, {#15
(SN/N)N(4/N =P/N) . TEEATH:

Ng(S)N/N =Ny (SN/N) < Ny (P/N) < M/N
Bt N, (S) e M JEREIG/N=M/N-A/N H A/N &
C WME—W/NEMTH, TRETHMN=M, &
A=AM . HIANE®, M G h-5E4&H15 C/M,
RmEMACM =G .

SR, PRI A R IERR), PRI R 56 &1 A/ N 72
AR, TRBAIHGIFE 4 ME G hEE DT
D, f1FRmETH C/NEDN/N HRMKRE, FH
G/N (e — /N IERT 4 A/N 4£ DN/N .,

W T/N #& C/N I Sylow 2-F# H U/N /& C/N K]
2 %b, WIE5I# 1.2.9 W43 Z(U/N) fE Z(DN/N) H.
WRU/N BN, W ZU/N) WRIEF LK, )
Z(DN/N) 23 L. X T

Z(DN/N) c CDN/N(A/N) < CG/N(A/N)

BAVE: 4/N < Cg)y (A/N) » L A/N FEZCH
F & BUIN VL, T4 C/N 27 DN/N i]—
/)N Sylow 2-F#f.

WB=CnA4, W B/N & AN Sylow 2-F#,
RIAE A/N F23EF JLE. JEIEMI . B Frattini 1©
Wi,

G/N =Ngy(B/N)-A/N =H/N-A/N
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TR | BOKTF RN h-S8 8 SRR AT 131
SEHE (References)

KH AR GIIMKTHEH/N € Ny (B/N). ¥ F &
G H1—A> Sylow 2-7#f, fiif3 FN/N " 4/N =B/N . Il
Ng(FycH, HHT B/NcH/N,

|G:H |=| A/N: A/NNH/N |
VR EE. SRR R H AR A h-5E %
C' 13 C"/H, REEM, HG=CH . FAM Wk
HHECT/N £ 2 #.

H—J T G/N=C/N-HIN, FLLEAIE:
|G:H |=|C"/N:(H/N)N(C"/N) |} 2 K7 R, F&.
Tt G AfR.

SRR .

4. RIG

AT FRAE AR K 0 6T A7 PR ) AT g8 2 5 SR L
g, BDEESREATN “BRTE” AR, X TR0
FORAAME . ASCGHET 25 HRORTHER =58 % 10 5E
IS TR TR 0- 58 R HICKNE, FRR3) 1A KT
P —Le B
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