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Abstract

This article investigates the sharp comparison between a boundary-related hyperbolic type me-
tric ¢ and the triangular ratio metric. By applying this relationship, comparisons between the ¢
metric and the Cassinian metric, the hyperbolic metric, and the distance ratio metric are obtained.
In particular, we show the accuracy of these inequalities. Additionally, the quasi-conformality of
the bi-Lipschitz mapping under the ¢ metric is also obtained by comparing it with the triangular
ratio metric.
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